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MATHEMATICAL MODELING OF THE TECHNOLOGICAL 

PROCESS OF THE ROCK DESTRUCTION BY A VIBRO 

IMPACT DEVICE WITH A HYDRO PULSE DRIVE 
Я.В. Іванчук. Математичне моделювання технологічного процесу руйнування гірської породи віброударним 

пристроєм з гідроімпульсним приводом. Доведено високу ефективність технологічного процесу руйнування гірської породи за 
допомогою віброударних навантажень. Високий ступінь інтенсифікації процесу руйнування гірської породи досягається 
застосуванням розробленої оригінальної конструкції віброударного пристрою з гідроімпульсним приводом на базі двокаскадного 
клапана-пульсатора. Розроблено нову математичну модель для дослідження технологічних процесів руйнування гірської породи 
віброударним пристроєм на базі законів гідродинаміки із використанням узагальнених законів механіки. При розробці 
математичної моделі технологічний процес було досліджено над двух фазах: фаза накопичення кінетичної енергії, а також фаза 
ударної взаємодії робочого органу віброударного пристрою із поверхнею гірської породи. Математична модель ударної взаємодії 
була побудована на основі моделі удару Сірса а системи рівнянь напружено-деформованого стану. На основі розробленої 
математичної моделі методом кінцевих об’ємів за допомогою чисельного моделювання отримано розподіл тиску і швидкості 
робочої рідини в гідроімпульсному приводі віброударного пристрою. За допомогою чисельного методу кінцевих елементів 
отримано розподіл напружень у робочому органі і елементу гірської породи при віброударному руйнуванні. Аналіз розрахунку 
власних частот робочого органу показав стійку роботу віброударного пристрою у дорезонансних режимах. Отримані робочі 
залежності основних робочих характеристик віброударного пристрою на базі гідроімпульсного приводу дозволили розробити 
рекомендації для подальшого підвищення ефективності технологічного процесу. Отримані результати чисельного моделювання 
технологічних процесів руйнування гірської породи віброударним пристроєм на базі гідроімпульсного приводу, показали перевагу 
обраного підходу до проектування, а також дозволив довести ефективність розробленої конструкції. 

Ключові слова: імпульс, гірська порода, удар, вібрації, математична модель, гідропривод, клапан 

Y. Ivanchuk. Mathematical modeling of the technological process of the rock destruction by a vibro impact device with a hydro 
pulse drive. The high efficiency of the technological process of destruction of the rock with the help of vibration of shock loads has been 
proved. A high degree of intensification of the process of rock destruction is achieved by using the developed original design of a vibro-
impact device with a hydro-pulse drive based on the two-stage pulsate valve. A new mathematical model has been developed for studying of 
technological processes of rock destruction using a vibro-impact device based on the laws of hydrodynamics using the generalized laws of 
mechanics. When developing a mathematical model, the technological process was investigated over two phases. This is the phase of kinetic 
energy accumulation, as well as the phase of the impact interaction of the working body of the vibro-impact device with the surface of the 
rock. The mathematical model of the shock interaction was built based on the Sears impact model and the system of equations of the stress-
strain state. Based on the developed mathematical model and using the finite volume method as well as the numerical simulation, the 
pressure and velocity of the working fluid in a hydro-pulse drive of a vibro-impact device are obtained. Using the numerical finite element 
method, the stress distribution in the working body of the vibro-impact device and the rock element during vibro-impact destruction is 
obtained. Analysis of the calculation of the natural frequencies of the working body showed the stable operation of the vibro-impact device 
in the preresonanсe modes. The obtained working dependences of the main performance characteristics of the vibro-impact device based on 
the impulse allowed us to develop recommendations for further improving the efficiency of the technological process. The obtained results of 
numerical simulation of rock destruction technological processes by a vibro impact device based on a hydro-impulse reason, showed the 
advantages of the chosen design approach, and allowed to prove the effectiveness of the developed design. 

Keywords: impulse, rock formation, shock, vibrations, mathematical model, hydraulic drive, valve 
 
Introduction. Increasing the effectiveness of social production based on its comprehensive in-

tensification and further acceleration of scientific and technological progress, involves the creation and 
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introduction into the production of new technology and advanced technology. In the mining industries 
to equipment that meets the task, include impact machines. They allow significantly increasing the 
efficiency of secondary crushing of rocks in open mining operations and the development of frozen 
soils in quarries and in construction [1]. The use of shock machines for the destruction of rocks opened 
the way where significant productivity is achieved not by increasing the power of base machines, but 
by increasing the energy of single strikes, increasing the frequency of strokes when fully utilizing the 
power of base machines. However, the experience of using shock impact machines has led to the solu-
tion of a number of problems, the understanding of which is impossible without analyzing the impact 
of shock impulses on a destructive environment. It is also impossible without analyzing the dynamics 
of the hinged equipment of the entire machine under the influence of loads from the working shock 
mechanism [2]. 

Analysis of literary data and problem statement. In the article [3] systems with multi-mode 
shock-vibration units are considered. They represent dynamic systems with nonlinear performance, in 
which vibration is combined with blows. The work of such shock-vibration units is carried out in the 
mode of nonlinear oscillations of the working body. This paper defines the optimal relationships between 
the period of the excitatory force and the period of forced oscillations in a shock-vibration system. 

The work of the vibration units, which are considered in the article [4], is based on the nonline-
arity of characteristics of the elasticity of the medium with the material being processed and the 
change of characteristics depending on the time. As a result, the dynamic characteristics of the installa-
tion are improved and the operation of the installation is possible in modes using higher harmonic 
components of the vibration of the working body. In such modes, the energy consumption of a vibra-
tion unit is significantly reduced. 

In the article [5] the results of analysis of modes of harmonic oscillations are given. In the article [5] 
a mathematical model of the system “vibration installation – concrete mix” with discrete parameters of 
a concrete mixture as a medium is considered. Such a mathematical model has certain limitations. As 
shown in [5], with a certain correlation between the oscillation period and the time period required to 
pass the wave of oscillations in the medium, the mathematical model with discrete environmental pa-
rameters becomes false. 

Therefore, the construction of a mathematical model that will allow investigating the technological 
process of rock destruction during a pulse loading at different operating modes of a hydropulse drive of a 
vibro impact device in order to determine the basic performance characteristics is an urgent task. 

Purpose and tasks of the research. The aim of the work is to increase the efficiency of the theo-
retical study of the technological process of crushing the rock through the development of perspective 
mathematical models of physical processes of impulse destruction by vibro impact devices based on 
the hydropulse drive (HPD). 

To achieve this goal, the following tasks were solved: 
– to develop an effective structure of a vibro impact device with a HPD, based on a two-stage 

valve-pulsator, to implement the most effective modes of impulse influence on the treated environment; 
– to develop a mathematical model of the technology of rock crushing by a vibro-impact device 

based on the HPD with a two-stage valve-pulsator; 
– on the basis of the developed mathematical model to obtain working dependences for determin-

ing the basic performance characteristics of the technological process. 
Materials and methods of research. In the Vinnytsia National Technical University, the de-

partment of industry mechanical engineering for the effective destruction of rocks based on GIP with a 
two-stage valve with a pulsator [6, 7]. Fig. 1 shows a three-dimensional CAD-model of a hinged vi-
bro-impact device based on HPD. 

Attached vibro impact device consists of a working body 1 (a bit with a conical tip). On its upper 
base, a periodic impact load is applied to the impact mass 2 under the action of gravity forces and the 
forces of return of the elastic element 3. 

The reciprocating motion of the shock mass 2 occurs due to the action of the hydropulse drive, 
which consists of a hydraulic cylinder 4 and a pulse generator of pressure 5 (two-stage pulsating valve). 



ISSN 2076-2429 (print) Proceedings of Odessa Polytechnic University, Issue 3(56), 2018 ISSN 2223-3814 (online)   

  
MACHINE BUILDING. PROCESS METALLURGY. MATERIALS SCIENCE 

7 

In the working cavity (see Fig. 1), the hydraulic 
cylinder 4 creates a periodic pressure change with 
the amplitude Δp=p1–p2, which is transmitted to 
the hydraulic cylinder 7. 

In turn, the plunger, under the action of the 
current pressure in the cavity 6 of the hydraulic 
cylinder 4, moves the impact mass 2, which caus-
es deformation of the elastic element 3 and the 
accumulation of potential energy from the forces 
of gravity. 

After the valve of the second cascade 8 
opening there is a drain of the working fluid, 
which causes the pressure drop in the working 
cavity of the hydraulic cylinder 4. In this case, the shock mass 2 moves to its original position, which 
causes a shock interaction with the working body 1. 

The energy of the shock interaction consists of the potential energy of the return forces of the 
elastic element 3 and the forces of gravity of the impact mass 2. The adjustment of the pressure of the 
pressure p2 of the pulse pressure generator 5 depends on the adjustment of the spring 10, and the regu-
lation of the connection of the pressure line with the drain valve of the second cascade 8 (resetting of 
the working pressure to pressure p1) occurs with the help of the locking element 9 (valve of the first 
cascade) in the form of a spool. 

Fig. 2 presents a three-component (flat, multivariate) inertial model with non-constricted contacts 
between the masses, which allows to simulate elastoplastic deformations of rock 7 by x, y, z. 

We introduce the motion of the coordinate system x'0'y'z ', rigidly connected with the body 1 of 
the vibro impact device of mass M0, and the fixed coordinate system x"0"y"z", rigidly connected to the 
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Fig. 1. Three-dimensional model of hinged  
vibro-impact device on the basis of HPD 
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from the HPD on the basis of an elastic-plastic strain-

strain solid-state model 
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main central axes of inertia of the rock 7 , whose surface is represented by a three-dimensional surface 
function. We also introduce an absolute (stationary) x0y coordinate system. 

The mathematical model of the technological process of rock formation destruction by a hydro-
pulse vibro impact device should be considered as one consisting of two periods: the period of accu-
mulation of kinetic energy and the period of shock interaction. 

The period of accumulation of kinetic energy of the technological process of the destruction of 
the rock by a hydropulse vibro impact device consists of the characteristic working movements of the 
stop elements 4, 5 and the inertial mass 3. 

In turn, the period of shock interaction is characterized by elastic-plastic deformations of inertial 
mass 3, shock mass 6 and rock 7 in the places of their contact interaction. 

Consider a longer working period of accumulation of kinetic energy. Let's record the equation of 
motion for body 1 of a vibro impact device of mass M0: 

 
0 0 1 01 1 0 1 1 2 2 04 06

0 06

( ) ( ) ( ) ;

( ) 2 2 ,

y y y y yS
S

x x x xS
S

M y M g k y y k y y p dS c y с y с y сyt k y N N

M x p dS c x k x Nt

 ′ ′ ′ ′ ′ ′ ′− = − + + + + − + + + + + − +


− = − + + −


∫∫

∫∫









    

 
   (1) 

where ( )Sp t  – function of pressure change of the working fluid in the internal hydraulic channels of 
the vibro impact device 1; 
 ( ) , ( )y xS S

S S

p dS p dSt t∫∫ ∫∫ 

 

– corresponding components of forces acting on the inner surface of the 

cavity of the hydraulic channels of the vibro impact device 1; 
 c1 – coefficient of viscous friction forces between the walls of the body of the vibration shock 
device 1 and the valve of the first cascade 5; 
 c2 – coefficient of viscous frictional forces between the walls of the body of the vibro impact de-
vice 1 and the valve of the second cascade 4; 
 c – coefficient of viscous friction forces between the walls of the body of the vibro impact device 
1 and the inertial mass 3; 
 cy, cx – vertical and horizontal components of the coefficient of viscous friction of the damping 
component of the damping unit, which connects the hydropulse vibro impact device with the boom of 
the vehicle [8]; 
 N04y – Vertical components of the reaction forces of the conical valve of the second cascade 4 to 
the conic resistance of the body of the vibro impact device 1; 
 N06x, N06y – horizontal and vertical components of the forces of reaction of shock mass 6 on the 
surface of the body of the vibration shock device 1; 
 k1 – stiffness of the valve spring of the first cascade 5; 
 k – torsional spring of inertia mass 3; 
 ky, kx – vertical and horizontal components of the stiffness of the elastic component of the shock 
absorber, which connects the hydropulse vibro impact device 1 with the boom of the vehicle [8]; 
 01y′  – preliminary tension of the spring of the valve of the first cascade; 
 0y′  – preliminary tension of the spring of the inertial mass. 

Equation of motion for an inertial mass 3 weighed by Mg 
 03 0 3 3 36

3 0

( ) ( ) ( ) yS

S

My Mg k y y p dS с y yt N′ ′ ′= − − + + − − +∫∫   , (2) 

where 0 ( )Sp t  – function of pressure change of the working fluid in the internal pressure cavity D 
two-stage valve-pulsator; 
 0

03

( )S

S

p dSt∫∫  – the corresponding components of the forces acting on the lower surface S0 of the 

plungers of the inertial mass 3; 
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 N36y – the vertical component of the force of the reaction of the impact mass 6 on the inertial 
mass 3. 

Equation of motion for the valve of the first cascade 5 weighing M1g: 

 12

12

1 1 1 1 01 2 02 1 2 1 1 1 1 1( ) ( ) ( ) ( )S

S

M y M g k y y k y y y p dS с y с yt y′ ′ ′ ′ ′ ′ ′= − − + + + − + − − −∫∫    , (3) 

where 12 ( )Sp t  – function of pressure change of a working fluid in internal pressure A, C, B and drain W 
cavities of a two-stage valve-pulsator; 
 12

12

( )S

S

p dSt∫∫  – corresponding force components acting on the bottom surface S12 of the valve of 

the first cascade 5; 
 k2 – stiffness of the spring of the valve of the second cascade 4; 
 02y′  – previous tension of valve spring of the second cascade 4. 

Equation of motion for the valve of the second cascade 4 M2g weight: 

 21 22

21 22

2 2 2 2 02 1 2 ( ) 1 1 2 2 40

( )

( ) ( ) ( ) yS S

S S

tM y M g k y y y p dS с y y с y N−

−

′ ′ ′ ′ ′ ′= − − + − + + − − +∫∫    , (4) 

where 12 ( )Sp t  – function of pressure change of a working fluid in internal pressure A, C, B and drain W 
cavities of a two-stage valve-pulsator; 
 21 22

21 22

( )

( )

( )S S

S S

p dt S−

−
∫∫  – corresponding components of the forces acting on the lower surface 

21 22S S−  of the valve of the second cascade 4; 
 40 yN  – vertical components of the reaction forces of the conical support of the body of the vibro 
impact device 1 to the valve of the second cascade 4. 

The law of motion for a shock mass 6 weighing m1g: 

 1 11 1 60 67 63

1 11 60

;
,

y y y

x

m y m g N N N
m x N

= − − + −
 =




 (5) 

where N60x, N60y – horizontal and vertical components of the reaction forces of the body of the vibro 
impact device 1 on the surface of the impact mass 6; 
 N67y – the force of the reaction of rock 7 to the impact mass 6; 
 N63y – vertical component of the reaction force of the inertial mass 3 on the impact mass 6. 

In this case, we also neglected the inertial forces of the working fluid acting on the working bod-
ies of the hydropulse vibro impact device, as having a small contribution to the movement of the de-
vice as a whole. 

In order to completely record the mathematical model of the operation of the hydropulse vibro 
impact device, we need to consider the operation of the HPD at the appropriate working phases of the 
two-stage valve-pulsator. 

1) Pressure set phase. In this phase, the conical valve of the second cascade 4 of mass M2 and the 
spool valve of the 5th mass M1 are in a state of rest. In this phase, the conical valve of the second cas-
cade 4 overlaps the pressure cavities A, B, D from the drainage cavity W (see Fig. 2), and the spool 
one-stage valve 5 overlaps the pressure cavities B and C from the drainage cavity W, which causes a 
set of pressure in the pressure cavities A and D, therefore the main pressure pressure acts on the area S0 
of the lower base of the inertial mass 3. 

It should be noted that this phase occurs during the time t when the impact mass 6 is in contact 
with the surface of the rock 7. The coordinate of the contact point of the impact mass 6 and the rock 
7 – (x, l3, 0). In this phase, the inertia mass 3 is moving. 

For this phase 0 pst t≤ ≤  we write the following initial conditions: 
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12 21 22

12 21 22

1 01 ( ) 2 02

( )

1 2 max 63 36

( ) ( ) ;

( ) ( ) 0; 0 ( ) ; 0,

;S S S

S S S

y y

p dS k y p dS k y

y t y t y t y N N

t t−

−

 ′ ′≤ ≤

 ′ ′ ′ ′= = ≥ ≥ = =

∫∫ ∫∫
 

 (6) 

where maxy′  – maximum strok of inertia mass M. 
2) The phase of operation (opening) of a two-stage valve-pulsator. In this phase, the pressure 

12

12

( )S

S

p dSt∫∫  from the pressure 12 ( )Sp t  acting on the area S12 of the valve of the first cascade 5 is equal 

to the force of adjusting the regulating spring 1 01k y′ , that is 12

12

1 01( )S

S

p dS k yt ′≥∫∫ , causing its opening. 

When opening the valve of the first cascade 5 there is a combination of pressure cavities B and C with 
drainage cavity W. This combination of cavities causes a drop in pressure in the pressure cavity C, 
which in turn causes a pressure drop in the pressure cavities A and C. The result of the pressure differ-
ence in pressure cavities A and C is the emergence of a driving force that forces the valve of the sec-
ond cascade 4 to move. In this case, the opening of the valve of the second cascade 4 and, respectively, 
the combination of the pressure cavity A and the drainage cavity W. 

In this phase, there is also the movement of the inertia mass M to the maximum displace-
ment maxy′ , the valve of the first cascade M1 to the value of maximum opening 1maxy′  and the valve of the 
second cascade M2 to the magnitude of the maximum opening 2maxy′ . Therefore, for this phase 

ps opt t t≤ ≤  we write the following initial conditions: 

 
12 21 22

12 21 22

1 01 ( ) 2 02 40 04 63 36

( )

max 1 1max 2 2max 40 04

( ) ; ( ) ; 0; 0;

0 ( ) ; 0 ( ) ; 0 ( ) ; 0.

S S S y y y y

S S S

x x

p dS k y p dS k y N N N N

y t y y t y y t y N N

t t−

−

 ′ ′≥ ≥ = = = =

 ′ ′ ′ ′ ′ ′≥ ≥ ≥ ≥ ≥ ≥ = =

∫∫ ∫∫
  (7) 

3) The closing (lowering) phase of the two-stage valve-pulsator. In this phase, a working fluid 
drain occurs due to the drainage cavity W in the water jack 8 causing the pressure drop in the pressure 
cavities A, B, C, D. In this case, the valve of the first cascade 5 begins to fall to its original position 
(the place of the overlapping of the pressure cavities B and C with drainage cavity W). After the pres-
sure cavities B and C have been detached from the discharge cavity W, the pressure in the pressure 
cavities B and C sharply begins to increase, in comparison with the pressure in the middle of the valve 
of the second cascade 4, the pressure cavity A. As a consequence of the pressure difference in the pres-
sure cavities B, C and A are the driving hydraulic force [9], which, together with the force of the spring 
tension of the valve of the second cascade 4, 2 02 2( )k y y′ ′+ causes the valve itself of the second cascade 
4 to return to its original position. In this case there is an overlapping of pressure cavities A and D 
from the drainage cavity W. 

In this phase, the reverse movements of the inertia mass M, the valve of the first cascade M1 and 
the valve of the second cascade M2 to the initial position also occur. Therefore, for this phase 

op clt t t≤ ≤  we write the following initial conditions: 

 
12 21 22

12 21 22

1 01 ( ) 2 02 40 04 63 36

( )

max 1 1max 2 2max 40 04

( ) ; ( ) ; 0; 0;

0 ( ) ; 0 ( ) ; 0 ( ) ; 0.

S S S y y y y

S S S

x x

p dS k y p dS k y N N N N

y t y y t y y t y N N

t t−

−

 ′ ′≥ ≥ = = = =

 ′ ′ ′ ′ ′ ′≥ ≥ ≥ ≥ ≥ ≥ = =

∫∫ ∫∫
  (8) 

Consider the period of shock interaction of the inertial mass 3, the shock mass 6, and also the 
rock 7. For this period, the following general initial conditions for the equations of the body of the 
body 061 0yN− = . The generalizing forces acting on the shock mass 3 from equation (1) are represent-
able, like 03 0F ky сV′= +∑  and 03 03p pF S= −∑  where V0 is the velocity of the shock mass 3 at the end 
of the closure (lowering) phase of the two-stage valve-pulsator. 
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The beginning of the absolute fixed axis of the coordinates OY will be placed at the upper point 
of the inertial mass 3 and directed vertically downwards. Similarly, fasting with a fixed system of co-
ordinates x″0″y″z″, which is rigidly connected with the main central axes of inertia of rock 7. 

The inertial mass 3 and the shock mass 6 are represented in the form of cylindrical stepped rods 
00′1, 0′1XA, XA0′2, 0′2XС and the conic rod XСXB,, and the shock surfaces of which are represented as flat 
round surfaces (Fig. 3). 
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Fig. 3. Dynamic model of impact interaction of inertial 3 and shock 6 masses, as well as rock 7 on the basis  

of the model of Cirs and elastoplastic model of solids 
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Each elementary cylindrical rod is expressed by geometric parameters such as: 
1. The length l11 and the cross-sectional area S11 for the rod 00′1. 
2. The length (l1–l11) and the cross-sectional area S12 for the rod 0′1XA. 
3. The length of l21 and the cross-sectional area S12 for the rod XA0′2. 
4. The length (l22–l21) and the cross-sectional area S22 for the rod 0′2XС. 
The centers of the masses of the inertial mass 3, the impact mass 6 and the rock 7 are at the corre-

sponding points 01, 02, 03. Let's give the center of gravity of the inertial mass 3 to the point 0'1, which 
is on the verge of the two cylindrical rods 0'1 and 0'1XA. To do this, from the condition of equilibrium 
of the moments of the force of weight relative to the point 0 [10], we write: M′=M(l10/l11). 

In the same way, we give the center of gravity of the shock mass 6 to the point 0'2, which is on 
the verge of the two cylindrical rods XA0′2 і 0′2XС. To do this, from the equilibrium condition of the 
moments of the force of weight relative to the point XA [4, 8], we write: m′1=m1(l21/l20). 

To simulate the shock interaction of the inertial mass 3, the shock mass 6, and also the rock 7, we 
use the Sears model [11], which combines the Hertz approach [6], which takes into account only the 
local deformation of co-inflicted bodies, and the Saint-Venant's approach [8], which takes into account 
the general dynamic deformation of bodies when struck. 

The motion of the inertial mass 3, the impact mass 6, as well as the rock 7 occurs along the y ax-
is, the beginning of which we place at the point O. 

The motion of the cross sections of the rods 00′1, 0′1XA, XA0′2, 0′2XС, XСXB is described by the 
wave equations (10) and the initial conditions (11), which determine the state of the rods 00′1, 0′1XA, 
XA0′2, 0′2XС, XСXB absolutely solids at t=t0=0. 

In the system of equations (9) 1 1 1/a E= ρ , 2 2 2/a E= ρ  – the propagation velocity of the elas-
tic wave in the material of the inertial mass 3 and the impact mass 6, respectively; E1, E2 – modulus of 
elasticity of materials of inertial mass 3 and shock mass, respectively, 6; ρ1, ρ2 – the density of the 
materials of the inertial mass 3 and the impact mass, respectively, 6;  

1 22
22 22 0

2 22
( ) ( ) y l lS y S S S

l l
− − = − −  − 

 – the cross-sectional area of the rod XСXB, whose position is 

determined by the coordinate y (see Fig. 2); u1(y, t), u2(y, t), u3(y, t), u4(y, t), u5(y, t) – longitudinal 
displacement of the cross sections of the roots of the rods 00′1, 0′1XA, XA0′2, 0′2XС, XСXB respective-
ly. In the system of equations (10), 1 1 21(0)my l l= + , 11(0)My l′ =  – the coordinates of absolutely solid 
bodies at the initial moment of time; 0(0)My V′ = , 

1
(0) 0

m
y =  – the velocity of absolutely solids at the 

initial time t=t0=0. 
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The boundary conditions determine the presence of forces in the section 0, as well as the conditions 
of the interaction of the rods in the sections XA, XB and absolutely solids in the sections 0′1, 0′2, XС: 
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We will write down the general mathematical model of the technological process of the destruc-
tion of the rock by the hinged vibro-impact device on the basis of the HPD additionally using the Na-
vier-Stokes equation system [12], the continuity equation for the weakly liquid fluid, and also the 
complex of a system of stress-strain state equations for the rock 7 (Fig.3). Since the weight of the 
working family in relation to the total mass of the vibro impact device is insignificant, we therefore 
neglect the inertial forces of the working fluid itself [1, 7]. The complex of the system of equations of 
a stress-strain state for rock 7 will consist of: equilibrium equations [8], dependencies between dis-
placements and deformations [9], equations of joint deformation [11] and instead of the Hooke law 
used in the linear theory of elasticity, to apply the system Equations in the theory of plasticity [11]. 
Since we have a turbulent flow regime in the hydrosystem of the vibro impact device, so in order to 
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apply the Navier-Stokes equation system [12] we additionally use the numerical model of turbulence 
k–ε [10, 12]. 

Research results and their discussion. The mathematical model of the technological process of 
destruction of the rock using the vibro impact device based on the HPD, represented by systems of 
equations (1) – (12) and additionally by equations of hydrodynamics and stress-strain state, was im-
plemented by numerical simulation methods based on FlowVision software systems [1], Matlab Sim-
ulink [6] and APM Structure [8] on the power of computing clusters of the Glushkov Institute of Cy-
bernetics of National Academy of Sciences of Ukraine. The results of the simulation are the distribu-
tion of pressure in the working cavity of the HPD of the vibro impact device (Fig. 4). 

  
a b 

Fig. 4. Distribution of pressure in the working cavity of the HPD of the vibro impact device: in the y0x plane (a); 
in the z0y plane (b) 

Fig. 4 shows that in the middle cavity of the valve of the first cascade, the pressure is significant-
ly higher than in the lower cavity. This difference in pressure creates an additional effort that allows 
you to move the valve of the first cascade while connecting the pressure and drain cavity. 

The difference in pressure produced at the same time in the lower and upper cavities of the valve of 
the second cascade allows you to adjust the amplitude of the pressure in the cavity of the executive hy-
draulic cylinder. The use of an additional regulating cascade in the form of a valve of the first cascade 
can significantly reduce the size and, accordingly, the total mass of the regulating hydroequipment. 

Also, one of the simulation results is the speed distribution in the working cavity of the HPD of 
the vibro impact device (Fig. 5). 

Based on the results of numerical simulation (see Fig. 5, a), the working fluid velocity in the bot-
tom of the valve of the second cascade is 32 m/s. This high speed of the working family forms cavita-
tion phenomena, which negatively affects the quality of the conical surface of the valve of the second 
cascade. This requires the use of special material and processing mode in the manufacture of this shut-
off element. 

Also, the result of the calculation is a diagram of the change in pressure in the cavities of the two-
stage valve-pulsator (Fig. 6). 
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a b 

Fig. 5. Distribution of speed in the working cavity of the GIP of the vibro impact device: in the y0x plane (a);  
in the z0y plane (b) 

Analyzing the pressure diagrams in the correspond-
ing cavities of the two-stage valve of the pulsator, one can 
conclude that the amplitude of the pressure change in the 
cavity of the executive cylinder is 12 MPa. 

It is also possible to note that when pressure is set 
in the lower cavity of the valve of the first cascade there 
is an oscillatory pressure process that can cause an un-
planned movement of the valve of the first cascade. 

This phenomenon requires the construction of a valve 
of the first cascade so that there would be a positive over-
lap between the body of the HPD and the tent itself. 

The next results of the calculation are the diagrams 
of the working parameters of the HPD (Fig. 7), namely: 
changes in the displacement (Fig. 7, a) and speed 
(Fig. 7, b) of the corresponding moving elements of 
the HPD. 
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Analyzing the diagrams (Fig. 7, a), moving the moving elements of the HPD can come to the 
conclusion: 

Amplitude of oscillation of impact mass is – 10 mm; valve of the first cascade – 6 mm; the valve 
of the other cascade – 5 mm. The general frequency of oscillations is approximately 34 Hz. 

Analyzing the diagrams (Fig. 7, b) of the velocity of moving elements of the HPD, one can come 
to the following conclusion. 

The speed at the moment of impact of a shock mass with an executive body is 3 m/s; valve of the 
first cascade is 6 mm. The speed of the second stage cascade with the seating position is approximate-
ly 4 m/s, which requires a special heat treatment of the surface of the seat. 

On the basis of the calculated calculations of the HPD elements using the FSI [7, 11] technology, 
the APM Structure program determined the stress-strain state of the executive body of the vibro im-
pact device (Fig. 8, a) and the working rocks itself (Fig. 8, b). 

   
163 Hz 344 Hz  

a b 

Fig. 8. Stress-deformed state of elements of the vibro impact device:  own frequency of oscillations  
of the executive body (a), rock (b) 

By comparing the own oscillation frequencies of the executive body (163 Hz, 344 Hz) of the vi-
bro impact device (see Fig. 8, a) and the frequency of the device itself (34 Hz), one can conclude that 
negative resonance phenomena are not observed. It is also possible to note the emergence of extreme 
stresses in the most rocky rock exposed to vibration damage. 

Conclusions. An effective design of the vibro impact device based on the HPD has been devel-
oped. At the heart of the device is a two-stage valve-pulsator, to implement the most effective modes 
of impulse influence on the environment. 

Based on the laws of hydrodynamics, using mechanorheological phenomenology and generalized 
mechanics laws, a new mathematical model for the study of technological processes of surface sealing 
of soils by inertial vibration ram is developed. 

On the basis of the developed mathematical model, by means of finite volume and element meth-
ods, numerical simulations have obtained working dependences for determining the basic performance 
characteristics of the technological process of vibration damaging of rocks by a vibro impact device 
based on HPD. 

The results of numerical modeling of the technological processes of vibration damaging rocks by 
the vibro impact device on the basis of HPD have shown the advantages of the chosen approach to 
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design, and also allowed to prove the effectiveness of the developed design of the HPD on the basis of 
a two-stage valve-pulsator. 
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