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YUCEJIbHUA METOA AOCNAXKEHHSA HEI3OTEPMIYHOT TEMIT
NIA3EMHUX BOA NPU KOHBEKTUBHOMY TEMNJIOOBMIHI

Binomo, mo HaiGinewi TpyaHowi npu po3B’s3aHHi 3amay [UIAHOBOL
Hei30TepMidHOi (inbTpauii noctaoTs npu peanizauii KpaioBol 3agayi ais
PiBHSAHHA MOLIMPEHHS TEIJa TOMY, IO MPOLEC TEIVIONEPEHOCY BiJBYBAETLCS
3a JJOTIOMOTOK0 KUJIBKOX MeXaHi3MiB [1]: 3MiHa TeMnepaTypu 3a paxyHOK Te-
1JIOMPOBIAHOCTI Ta Mii(a30BOro TEIUIOOOMIHY, a TaKOXK KOHBEKTHBHHIA Ile-
PEHOC AOCATHYTHX 3HaueHb TEMIIEpaTypH, NPHYOMY TEIUIONEPEHOC KO-
BEKUIEO BinOyBaeThCs B HAMpsAMi rpajicHTa Hanopy (THCKY), TOOTO B Ha-
npsMmi HopMmadli 10 i300apu B nesHiil Touni nnacra. TaKUM YMHOM pi3HULIEBA
anpoKcHUMallis Takol 3afadi Ma€ MOPIBHAHO OJHAKOBO OMHCYBATH JiBa IO
cyTi pi3nux isuyHnx npouecu. Taka cxema, fika OYAYEThCA HA OCHOBI Me-
TOAY PO3IEIUICHHS PiBHAHHA Ha (isuuHi Mpouecy, Oyia BUKOPUCTAHA HAMH
B [pansax [2 ] i [3 ]

PosrnaHemMo  mpsAMOKYTHMMW  eeMEHT  HECKIHYEGHHOIro  IUlacTa
(—asx<a;-b<y<b)3 nBoma pi3HOAMEHHUMH CBEPAJIOBHHAMH B
MPOTHIIEKHHX BEPLIHHAX. 3paxcaouu Ha ocecume’rpuqmcu AK TiipoJHHA-
MiYHOro, Tak 1  TEMJIOBOrO  MOJiB,  PO3TNAfacThCs  o0sIacTh
D=(0<x<a;0<y<bh). Braxaerbcs, WO A (iTbTPALIAHOTO MOTOKY

plllMHl’l cnpaann\vm bCA 3aKOH ﬂ,apcx Toui plBHﬂHHﬂ HLPinMBHOCTl MOHaA
3anudcartu y BUIIAAI

J
: gradP =n——§{£ , (1)

ne p, = pp(T,P)—- rycTHHa i p, = up(T, P)—B’s3KicTh pigunu; 1 — nopuc-

div

TicTh; k — KoediuieHT dinsTpauii; P —tuck; f —uac, npuiomy 0 <1 <7 .
T —T1emneparypa.

Hexaii Ha HarHiTanbHil i ekcrulyarauiiiniii cBepanoBHHAaX NMiATPHMYIO-
TbCs 3a0iiiHI TUCKH, TOAI KpaitoBi yMOBH Ju1s piBHAHHA (1) MalOTb BUrsAL

P(O*O*I) () Ly » (2)
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Pla,bt)=P1), 0=<t<t (3)

='m»

g_P 0=0, O<y<h, OS’Slm’ )
XX =

ORI L0, 0s<ys<h, 0si<i,, ®)

ox|x=a

%gl»=0=0, Dzx<a 0StsL,, (6)

?)_f ::h=0, OS.\'ﬁ(l, ()SIS(”,. (7)
PiBHsAHH# 30epekeHHs eHeprii Mae BUIAL:

div(\ gradT)+ gmd((;pppfv T): —%(CP T), (8)

e A= 7\(’[’)— KOehiLIIEHT TEMIONPOBIAHOCTI NJIACTA, IPUYOMY A = nA o
+(1-nh,; C, =C,(T)— rennoemnicts pinnau; Cp=nC,p , +

+ (1-n)C,p, —Tennoemuicts nnacta; C, — TEMIOEMHICTh i P, — IyCTHHA

CKeJleTy IacTa; v — WBUAKICTB (inerpauil. Po3B’a30k piBHAHHA (8) Mae 3a-
JIOBOJBHATH HACTYIHUM KpaiOBUM yMOBaM:

T(x,»0)=T*(x,p), 0<x<a, 0<y<h, )
T00.0)=T,(t) 0<t<y,, (10)
oT
— =0, 0 <h, 01y, 11
ox |x=0 o " W
o =0, O<y<bh, 0<1<1,, (12)
ox|x=a
aT
g}‘=0=0, 0<.\'S(1, OSISI,", (]3)
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ai =0, O0<x<a, 0<1<1t

— b - 14
oy ly=p"" (14)

JUisi poss’s3aHHA nocraBneHoi 3agayi B obmacrti D BBoAMTHCH
pi3HHMLEBA CiTKa 2 = ®, X W, , IPHIOMY
b

ay, =X, =il ; y; = jh; i=0,L.,N; j=0,1,.,Ny; Ny = l N2=7— )
I b

ae by i h, — Kpoku CiTKHM 32 NPOCTOPOBUMH Koopanuatamu X i y; N, Ta

N ,— uncilo KpOKiB 3a BiANOBIXHMMH KOOPANHATAMHY;
o =5 19 =0.0, 00,1003 15

T; =1, —1;_| — KPOK CiTKM 3a yacoMm; N; — YHCNIO KPOKIiB 32 HacoM.

PiBusHHA (1) Ha ciTii Q anmpoKCcMMYeThCs 3BHYAHHUM Pi3HHUEBHM piB-
HAHHAM 3 OXHOKOI0 0(1112 +hz2 ) Kpaiiosi ymoBH (2) - (7) Takox anpokcu-
MYIOTBCS 3 TAKOIO 3K MOXHOKOIO, NPH HbOMY HPUIYCKACTLCS, 1110 HA MeXKi 00-
aacti D KpiM KpaoBUX YMOB CNpaB/PKY€TLCS i PiBHAHHEA (1).

Yepes Te wo koediuieHTH piBHAHHA (1) 3anexarb Bij TeMIepaTypH i
THCKY, JUIS pO3B’A3aHHS OAEPXKAHO! CHCTEMM HENIHIHHMX PI3HULEBHUX PiB-
HAHb OpraHi3yeThCs iTepaliiiHuii npouec, MPUYOMY Ha KOXHIH iTepartil
KpiM po3B’s3aHHA pi3HMLIeBOro aHastory 3amadi (1) — (7) po3s’s3yeTbes i pi-
HHMUEBA 33/ay4a, IO BiANoBinae audepeHuianbHiii 3agayvi (9) — (14). Buxinui
3nauends 7F i Py, HeoOxiiHi s opranizauii itepauiii, npuiMaioTLes 3 No-
NePeNHLOrO YacoBOTO wWwapy (30BHiWNA iTepauis). Ha koxuiif 3oBHiuHii
iTepanii po3s’A3yeTbCs CHCTEMA JIIHIMHMX PI3HHLEBMX anreOpaiuHUX pis-
HsIHb, SKi aNPOKCHMYIOTh Ha KOXHIil itepauii 3agauy (1) — (7). Jlna po3s’s-
3aHHA BKA3aHOI CUCTEMH PIBHAHbL BUKOPHCTOBYETHCA 1IBUAKO3OIKHMI iTepa-
nifiHMii MeToa BepXHLOI penakcauii [4], AkHi MOXHA mMoaaTH y BHIJIA
(BHYTpiLUHA iTepaLis)

(r+l/2) (r+1/2) H(r41/2) _
P+l/ (11+Y!1)P +b Ill]

- f (r) (r+l)
""/ij_ )1141—[51/)1/ -1 - ™
P = pin) 4 x(pl””z’ p,.‘;’), i=0,1,.. N2 j=01...N,,
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ae r=0,l...— HoMep BHYTpImIHbLOI iTeparlil; 7 —napaMeTp NPUCKOPEHHS,
SKHiIT BU3HA4YaeThCA 32 PopMyIon

2

§ =
1+ 1—)\,|

A, — MaKcMMalbHe BJlacHe 3Ha4YeHHS iTepauiliHol MaTpuui mMertoay 3eiimesns
[4].

Kpim Toro BBe/ieHi Taki Mo3HayeHHS:

- Tndivg ., Tadiang o = +h
STy s G =+,
y nht nhl2 d ¢ e
Tndi j4112 Tndi j-1/2
ijTT 5 Bi.j=———; Yij =0 ;+B; s

nhz2 nlzz2

kDiirry ;
pH—l/Z.j : i=1,2,.--,N_ls j=1’2a""N2_]’
Hivir2,j

2kpysy
dinnj =y Wi
0, i=JV|, j=0,l,...,N2—1,

kpi;_y2
pl ]/Z.j’ =l,2"“,N1_1, j:Lz.,,.,Nz"lg

Mii2,;

2kpn 1o

—M, i=N|, j=0,l,...,}VZ—L
(1,-_”2_,-= My -172.j

0, i=0, J=L2.. N,
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o
TPz g N =L j=12,., N,y -1,
M je1r2
2kp;

di.j+|/2 =ﬁ M, i=|,2,...,N|, j =0,
Hii2
0, i=0,1,...,Nl—], j'—'Nz,
o
P2 19, Nyl j=h2. Ny ],
Hij112
26p; n.

d,~_,_,,2=<——pt‘iﬂ2—, i=0,L... N, -1, j=N,,
Hin,-172
0, i=12,..,N;,, j=0.

Po3B’s3aHHA piBHAHHA (*) 3iHCHIOETHCA METOAOM MPOTOHKH B3AOBXK
y; — paaxis. [Ipy BAKOHaHHI yMOBH

r+l r
Lt f

max <g,

Wy
e € —TouHicth 30DKHOCTI BHYTpIWIHIX iTepauidi, mepexoguMo [0
PO3B’A3aHHA Pi3HULEBOro aHasory 3aaaui (8) — (14). [Ins uboro BUKOPHUCTO-
BYETbCA METOA pO30OUTTA Ha (Pi3nyHi npouecH, KU NOJNArac B HACTYNHOMY.
Hexaii Binomuit po3noxin Temneparypu Ha MOMEHT yacy ! =t, . [lepexia Ha

MOMEHT uacy {; ., =1; + T, 3AIHCHIOETbCA B nBa eranu. Ha mepuiomy

eTanli, BAKOPHCTOBYIOUH 3HadeHHs T* K MOMATKOBi, 3HAXOAMMO 3HAYEHH:
T fx po3B’A30K pIBHAHHSA TEIUIONPOBIAHOCTI

Y %Cp T =div(AgradT) (a)

3 KpailiosuMu ymoBamu (10) ~ (14). Ha npyromy erani onepmaﬁi 3Ha4YeHHA

Temneparypd 7T BiJirparoTh pojib MOYAaTKOBMUX NPH BH3HAYEHHI T 3
piBHAHHA

) o ~
Y2 —a(—;CpT =gradC,p vT. ()

Koedinientn v, i ¥, obuncmolorscs 3a hopMynamu
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f=—d—; =22
l_‘—_| 2_—§
T +T, T+,

ne T, T, — KpPOKHM 3a 4aCOM BIAMOBIJHO Ha MEPLIOMY Ta PYroMy eTamax.

Jdudeperuiansie piBHAHHA (a) € JABOBUMIPHMM piBHAHHAM Mapa-
6osi4HOrO THIy | TOMY MpU HOro yucenbHil peasnizauii BHKOPHCTOBYETHCS
€KOHOMIYHa JIOKaJIbHO-OJHOBUMipHa cxema. PiBHsHHA (6) — omHOBHUMipHe
augepeHlialbHe PIBHAHHAM TOMY, IO HanpsM rpanieHTa 30ira€Thesi 3 Ha-
ApsAMOM HOpMaIi 10 i300apu B 3aAaHilt ToUli riapoAHHaMiYHOro NoJs, AKa €
NOTHYHOIO JI0 JiHIl Tedii B 3ajaHiit Touui. Po3m’s3aHHA piBHAHHA (6)
30iACHIOETBCS 3a ABHOIO CXEMOIO:

i a  Ty=T[ Cop ke BRI
Till_-i-l=7—}j+ ij i j ppp il 5 ij 7|, (B)
R TR

ne T, P(’f} — TeMmneparypa 3 NpOMDKHOrO 11apy i TUCK B TOUL NEepeTUHY

ije
HOpMalli 3 HaMOJMKUYOI O AHOro By3/a JIHICIO CITKM B HAamNpAMi NpoTH-

JIEXKHOMY JI0JATHOMY HAnpAMy HopMaii; An;; —BiACTaHb MK 1aHHWM By3-

J0OM i BKa3aHOIO TOYKOIO0 Ha HOpMali. ANFOPUTM [Po3B’A3aHHS piBHAHHA (6)
3a CXEMOIO (B) CTIHKHH NpU BUKOHAHHI YMOBH

- Cp“p Anizj
L C k ij [+ - 1+]
Pp ij| P Pz/

cij =
[lpn po3s’si3auni piHAHHA (B) wacoBuii inTepsan (; +1,,1,,) po36u-
BA€TbCA HA BIPI3KH NOBXKHUHOIO T, HA AKWUX LUYKAETLCS PO3B’SA30K PiBHAHHA
(6) 3a dopmyaoio (B); NpH LbOMY Ha MOMEHT 4Yacy [, + T+ ST LIyKalOTbCs
3HaueHHa T ,nmpuUuoMy 3a BHXIijHI 3HaueHHA Temneparypu 7 npuitMaroThCs
3HaueHHA, ofiepkaHi 32 YOPMyYIIOIO (B) HA MOMEHT uacy /; + 1, +{s — l}i.
30BHILIHI iTepalil 3aKiHYYIOTLCA TPH BUKOHAHHI YMOB

ntli+l _ pni+l n+l A+l _ apnk+l
;o Ej Tiy !

iJ

max|P,
mll

<g,, max <g3,
,

h

ne n=0,1,2,...— HoMep 30BHilIHLOI iTepalil; €;,€; — TOUHICTb 30DKIOCTI
iTepauii.
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Peanizauis 3anpononoBaHoro anroputMy Ha EOM no3Bonse pocaiauty
B3A€MO/II0 IiJIPOAMHAMIYHOrO i TEILIOBOTO TOJIB TP HeI30TepMiyHii
OinbTpauii piiiHN, BUKANKAHOI HArHITAHHAM B TIACT X0104HOro abo Harpi-
TOTO TEIIOHOCIS.
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